局所テータ対応と$R$群 (保型形式およびそれに付随するディリクレ級数の研究) by 市野, 篤史
Title局所テータ対応と$R$群 (保型形式およびそれに付随するディリクレ級数の研究)
Author(s)市野, 篤史












$G=O_{Q}$ $G’=\mathrm{S}\mathrm{p}(2n)$ . $Q$
$m$ , $m$ . ,
$G(\mathrm{A})$ $f$ , $G’(\mathrm{A})$ $\theta(f)$ ,
$\theta(f)(g’)=\int_{G(k)\backslash G(\mathrm{A})}\Theta(g,g’)f(g)dg$
( ) . A $k$ , $\Theta$










, $p$ reductive dual pair $(G, G’)=(U(n, n),$ $U(n, n))$
, .
2.
21. . $p$ , $F$ $p$ , $E$ $F$ .





$\mathrm{J}_{--\text{ }^{}-}|j$ ffi $G=G’=U(n, n)\text{ ^{}\backslash },\lambda \text{ }X\grave{\eta}l_{arrow}^{\sim}\text{ }.T\text{ }\neq R\text{ }$ :
$G=\{g\in GL_{2n}(E)|{}^{t}\overline{g}(\delta 1_{n} -\delta 1_{n})g=(\delta 1_{n} -\delta 1_{n})\}$ ,
$G’=\{g’\in GL_{2n}(E)|g’(-1_{n} 1_{\mathrm{n}}){}^{t}\overline{g}’=(-1_{n} 1_{n})\}$ .
$G=G’$ . , $G\mathrm{x}G’\subset \mathrm{S}\mathrm{p}(8n^{2})$
reductive dual pair , splitting
$G\cross G’\mathrm{C}arrow \mathrm{M}\mathrm{p}(8n^{2})$ [K2]. ,
$1arrow \mathbb{C}^{1}arrow \mathrm{M}\mathrm{p}(8n^{2})arrow \mathrm{S}\mathrm{p}(8n^{2})arrow 1$
metaplectic extension .
, $F$ $\psi_{F}$ , $\mathrm{M}\mathrm{p}(8n^{2})$ Weil
$\omega$ , $G\cross G’$ . $\omega$
. $G\cross G’$ $\omega$ $\psi_{F}$ $\delta$
.
22. . , Howe , Waldspurger
$p\neq 2$ .
Theorem 2.1 $([\mathrm{H}],[\mathrm{W}])$ . $\pi$ $G$ . $G’$
$\pi’$ ,
$\mathrm{H}\mathrm{o}\mathrm{m}c\cross G’(\omega,\tilde{\pi}\otimes\pi’)\neq 0$
. , $\tilde{\pi}$ $\pi$ .
, \pi ’( ) .
,
$\theta$ : $\Pi(G)arrow\Pi(G’)\cup\{0\}$




Conjecture 2.2 ([Ad],[HKS]). $W_{F}’$ $F$ Weil-Deligne .
Langlands . , Langlands parameter (


















3.1. . , $\pi$ . , $G$ $P$ ,
$P$ Levi $L$ $\sigma$ , $\pi$ $I(\sigma)=\mathrm{I}\mathrm{n}\mathrm{d}_{P}^{G}(\sigma)$
. $I(\sigma)$
. , $L\simeq GL_{n_{1}}(E)\cross\cdots\cross GL_{n_{t}}(E)$
. $n_{1}+\cdots+n_{t}=n$ . $\theta(\pi)\neq 0$ ,
$\theta(\pi)[]\mathrm{h}I’(\sigma)=\mathrm{I}\mathrm{n}\mathrm{d}_{P}^{G’},(\sigma)$ , ( )
. $P’=P$ $G’$ . , $\sigma$
supercuspidal Kudla induction principle [K1],
.
Remark 31. , $I(\sigma)$ $L$
. , Adams
.
32. Intertwining operators. $\sigma=\sigma_{1}\otimes\cdots\otimes\sigma_{t}$ . $1\leq i\leq t$
, $\sigma$: $GL_{n:}(E)$ . $\sigma_{1}$. $\mathcal{V}_{1}.$ ,
$\omega_{\sigma:}$ . $\lambda\in \mathbb{C}^{t}$ , $I(\sigma, \lambda)=\mathrm{I}\mathrm{n}\mathrm{d}_{P}^{G}(\sigma||^{\lambda})$ . ,
$I(\sigma)=I(\sigma, 0)$ .
$W$ $L$ $G$ Weyl .
, $W$ $(\mathbb{Z}/2\mathbb{Z})^{t}x6_{t}\sigma)$ . $W$
$w\in G$ , $I(\sigma, \lambda)$ holomorphic section $f^{(\lambda)}$ , intertwining
operator
$M(w, \sigma, \lambda)f^{(\lambda)}(g)=\int_{U\cap wUw^{-1}\backslash U}f^{(\lambda)}(w^{-1}ug)$ du
. $U$ $P$ unipotent radical .
${\rm Re}(\lambda_{1})\gg\cdots$ \gg Re(\lambda 0 , $\mathbb{C}^{t}$
. $\lambda$ $r(w, \sigma, \lambda)$
.
222
$\hslash \mathrm{f}\mathrm{f}- \mathrm{E}|\cdot \mathfrak{B}$
(i) normalized intertwining operator
$N(w, \sigma, \lambda)=r(w, \sigma, \lambda)^{-1}M(w, \sigma, \lambda)$
$\sqrt{-1}\mathbb{R}^{t}$ .
(ii) $W$ $w,$ $w’\in G$ , cocycle condition
$N(ww’, \sigma, \mathrm{O})=N(w, w’\sigma, \mathrm{O})N(w’, \sigma, 0)$
.
$1\leq i\leq t$ $r_{i}\in W$ $\mathbb{Z}/2\mathbb{Z}$ $i$ sign
change . $r_{i}$







. $k_{i}=n_{1}+\cdots+n_{i-1},$ $m_{i}=n_{i+1}.+\cdots+n_{t}$ .
33. $R$ . $I(\sigma)$ Harish-Chandra[S2], Knapp-Stein[KS],
Silberger[Sl] $R$ . ,
$R$ Goldberg [G].
0 $\{1, \ldots, t\}$ , $i$
.
$\bullet\sigma_{i}\simeq{}^{t}\overline{\sigma}_{i}^{-1}$ .
$\bullet j>i$ $\sigma_{j}\not\simeq\sigma_{i}$ .
$\bullet$ $\mathrm{I}\mathrm{n}\mathrm{d}\mathrm{c}_{L_{n}}(n.\cdot n_{E}.2\mathrm{j}_{()}(\sigma_{i})$ .
$R$
$r_{\dot{l}}$ $(i\in 2)$ $W$ . , $R\simeq$
$(\mathbb{Z}/2\mathbb{Z})\# 0$ . $i\in 2$ , $A_{i}$ : $\mathcal{V}_{i}arrow\sim \mathcal{V}_{i}$
.
$\bullet A_{i}^{2}=\mathrm{i}\mathrm{d}$ .
$a\in GL_{n}(:E)$ , $A_{i}\sigma_{i}(a)={}^{t}\overline{\sigma}_{i}^{-1}(a)A_{i}$ .
,
$N(r_{i}, \sigma)=\omega_{\sigma:}(\delta)A_{i}N(w_{i}, \sigma, 0)$
$I(\sigma)$ self-intertwining operator , $N(r_{i}, \sigma)^{2}=\mathrm{i}\mathrm{d}$ .
$r=r_{i_{1}}.\cdots r_{i_{k}}\in R$ ( ,
$N(r, \sigma)--N(r_{i_{1}}, \sigma)\cdots N(r_{i_{k}}, \sigma)$
223
$\mathrm{R}_{\mathrm{p}}\pi\overline{\tau}-fT\backslash \mathrm{f}T_{\mathrm{L}\backslash }^{\backslash }kR\#$
. $\{i_{1}, \ldots, i_{k}\}\subset 2$ . , $R$ $\hat{R}$
, $I(\sigma)$
$I(\sigma)=\oplus\pi_{\kappa}\kappa\in\hat{R}$
, multiplicity free .











. , $R’=R$ . $\pi_{1}’$ $\chi$-generic
.
4.
, , $R$ $\kappa,$ $\kappa’$
. .














$\mathrm{H}\mathrm{o}\mathrm{m}_{G\mathrm{x}G’}(\omega\otimes I(\sigma, \lambda),$ $I’(\sigma, \lambda))$
$T$ , .
(i) $f\in I(\sigma)$ ,
$T(\Phi, f)\neq 0$
$\Phi\in\omega$ .
(ii) $i\in?,$ $\Phi\in\omega,$ $f^{(\lambda)}\in I(\sigma, \lambda)$ ,
$M(w_{\dot{l}}’, \sigma, \lambda)T(\Phi, f^{(\lambda)})$





, supercuspidal first occurence
index [I2].
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